Roller bearings are the most widely used and easily damaged mechanical parts in rotating machinery. Their running state directly affects rotating machinery performance. Empirical mode decomposition (EMD) easily occurs illusive component and mode mixing problem. From the view of feature extraction, a new feature extraction method based on integrating ensemble empirical mode decomposition (EEMD), the correlation coefficient method, and Hilbert transform is proposed to extract fault features and identify fault states for motor bearings in this paper. In the proposed feature extraction method, the EEMD is used to decompose the vibration signal into a series of intrinsic mode functions (IMFs) with different frequency components. Then the correlation coefficient method is used to select the IMF components with the largest correlation coefficient, which are carried out with the Hilbert transform. The obtained corresponding envelope spectra are analyzed to extract the fault feature frequency and identify the fault state by comparing with the theoretical value. Finally, the fault signal transmission performance of vibration signals of the bearing inner ring and outer ring at the drive end and fan end are deeply studied. The experimental results show that the proposed feature extraction method can effectively eliminate the influence of the mode mixing and extract the fault feature frequency, and the energy of the vibration signal in the bearing outer ring at the fan end is lost during the transmission of the vibration signal. It is an effective method to extract the fault feature of the bearing from the noise with interference.
Introduction
Roller bearings are important components of rotating machinery. They are widely used in mechanical equipment. However, the bearing is one of the easily damaged mechanical parts in rotating machinery. Its running state directly affects the machinery performance. It was reported that bearing faults accommodate 45%-55% of motor failures [1, 2] . Thus, the diagnosis of bearing faults plays a key role in the reliable operation of motors. Vibration analysis is one of the main methods in bearing monitoring and fault diagnosis. In general, when the bearing has broken down, the components induce impulses that can be detected in the acquired vibration signal. The fault vibration signals are non-linear and non-stationary data sequences to extract a series of amplitude modulated-frequency modulated (AM-FM) signal components. The EMD decomposes the original signal (S(x)) into a number of IMFs:
c i (t) + r n (t) (1) where r n (t) is residual error function, and represents average trend of signals. IMF components c 1 , c 2 , c 3 , ..., c n contain different elements respectively from low to high frequency of signals.
EEMD
The EEMD method is an improvement of the EMD method, which solves the problem of mode mixing by adding Gaussian white noise. The decomposition process of the EEMD method is described as follows:
Step 1: Gaussian white noise sequences are added to the target data.
Step 2: The new target data is decomposed into a series of IMFs according to the EMD algorithm.
Step 3: Different Gaussian white noise sequences with the same amplitude are added to the data for each time; repeat Step 1 and Step 2.
Step 4: The mean value of the various IMF is taken as the final result, that is:
where, c j (t) represents the j th IMF component of the original signal by the EEMD method, N is the time of added white noise.
Hilbert Transform
The Hilbert transform is a kind of commonly used and effective signal demodulation method, which extracts the modulated signal from the signal and analyzes the change of the modulation signal. The Hilbert transform of one continuous time signal is equal to the output response of a linear system with the impulse response signal. The Hilbert transform of time signal x(t) is described as:
Then the analytical signal of x(t) is:
As can be determined from the signal features, the spectrum z(jΩ) of z(t) is equal to the zero spectrum in the negative frequency and double the spectrum in the positive frequency.
Experimental Environment and Theoretical Calculation

Experimental Environment
The experimental data of the roller bearing came from the Case Western Reserve University Bearing Data Center [39, 40] . Bearing information of the drive end is shown in Table 1 . For the SKF 6205-2RS bearing in the experiment, the number of rolling elements (z) is nine, the rotating frequency ( f r ) is 29.95 Hz at 1797 rpm, and the theoretical characteristic frequencies of faults are calculated. The results are shown in Table 2 . Two accelerometers are placed at the 3 o'clock, 6 o'clock, and 12 o'clock positions at the drive end and fan end of motor housing to collect vibration signals by using a 16-channel DAT. The vibration signal was sampled at 12,000 Hz and the duration of each vibration signal was 10 seconds. The fault diameters was 0.007 inches and the number of sampling points is 2048 in the experiment.
Theoretical Calculation of the Fault Characteristic Frequency of the Roller Bearing
The bearings have many types. Most of their structures are composed of an inner ring, outer ring, rolling elements, and cage train. The structure of the roller bearing is shown in Figure 1 . Table 2 . Two accelerometers are placed at the 3 o'clock, 6 o'clock, and 12 o'clock positions at the drive end and fan end of motor housing to collect vibration signals by using a 16-channel DAT. The vibration signal was sampled at 12,000 Hz and the duration of each vibration signal was 10 seconds. The fault diameters was 0.007 inches and the number of sampling points is 2048 in the experiment.
The bearings have many types. Most of their structures are composed of an inner ring, outer ring, rolling elements, and cage train. The structure of the roller bearing is shown in Figure 1 . where Bd is the roller element diameter, Pd is pitch diameter, and φ is angle (°) of the roller element.
The bearing speed, shape, and size are used to calculate the theoretical value of the fault characteristic frequency. The expressions are described as follows:
where o f , i f , and b f are the fault characteristic frequencies of the outer ring, inner ring, and roller element, respectively. r f is the rotating frequency (Hz), and z is the number of rolling elements.
Fault Feature Extraction and Analysis
Fault Vibration Signal Decomposition
The fault vibration signals of the inner ring and the outer ring of the motor bearing are selected in the experiment. The EMD method is selected to compare with the EEMD method. The IMF components of the fault vibration signals are obtained by the EEMD and EMD methods. For the EEMD method, the added number of different white noise sequences is 500 and all deviations of different white noise sequences is 0.1. A set of fault vibration signals of the outer ring and the inner ring is decomposed into 11 IMF components and one residual component in Figures 2-5 . where B d is the roller element diameter, P d is pitch diameter, and φ is angle ( • ) of the roller element.
where f o , f i , and f b are the fault characteristic frequencies of the outer ring, inner ring, and roller element, respectively. f r is the rotating frequency (Hz), and z is the number of rolling elements.
Fault Feature Extraction and Analysis
Fault Vibration Signal Decomposition
The fault vibration signals of the inner ring and the outer ring of the motor bearing are selected in the experiment. The EMD method is selected to compare with the EEMD method. The IMF components of the fault vibration signals are obtained by the EEMD and EMD methods. For the EEMD method, the added number of different white noise sequences is 500 and all deviations of different white noise sequences is 0.1. A set of fault vibration signals of the outer ring and the inner ring is decomposed into 11 IMF components and one residual component in Figures 2-5 . As can be seen from Figures 2 and 4 , the IMF1 component in the EMD decomposition has the mixing phenomenon, and it includes a large number of signals with different scales. The IMF1 component includes a variety of frequencies, which can destroy the physical meaning of subsequent IMFs. Due to the existing mode mixing, it is not ideal to the test signal center frequency and extracted average amplitude. Compared with the EMD decomposition, the mixing phenomenon of each IMF component in the EEMD decomposition is improved in Figures 3 and 5 . The IMFs obtained by EEMD decomposition are a series of components from high frequency to low frequency. The multi-time scale periodic component of the original signal can be effectively described. Based on the above analysis, it can be seen that the EEMD method can better overcome the mode mining problem than the EMD method, and the EEMD method can more accurately obtain the time scale periodic characteristics of signals.
Selection of the Optimal Mode
Since the sample component of EEMD decomposition is larger, and the corresponding fault characteristics are embodied in the energy change in the specific frequency band, it is necessary to select the IMF with the most concentrated energy. This can accurately extract the effective fault information. According to the derivation of the literature, the correlation between the EEMD modes and the original signal is approximately equal to the self-correlation of each component. Inspired by the method [41] , the correlation coefficient between each mode and original signal is used as the index to evaluate the reliability of mode components after EEMD.
are the mode components and the original signal after EEMD,
μ , and f σ are the corresponding time domain mean and standard deviation, and E is a mathematical expectation. Thus, the mode with the maximum correlation is selected as the optimal mode of the EEMD, and it is regarded as the analysis sample for fault classification and identification. As can be seen from Figures 2 and 4, the IMF1 component in the EMD decomposition has the mixing phenomenon, and it includes a large number of signals with different scales. The IMF1 component includes a variety of frequencies, which can destroy the physical meaning of subsequent IMFs. Due to the existing mode mixing, it is not ideal to the test signal center frequency and extracted average amplitude. Compared with the EMD decomposition, the mixing phenomenon of each IMF component in the EEMD decomposition is improved in Figures 3 and 5 . The IMFs obtained by EEMD decomposition are a series of components from high frequency to low frequency. The multi-time scale periodic component of the original signal can be effectively described. Based on the above analysis, it can be seen that the EEMD method can better overcome the mode mining problem than the EMD method, and the EEMD method can more accurately obtain the time scale periodic characteristics of signals.
where
. f k (t) and f (t) are the mode components and the original signal after EEMD, respectively. µ f k , σ f k , µ f , and σ f are the corresponding time domain mean and standard deviation, and E is a mathematical expectation. ρ f , f k reflects the correlation between the mode components and original signal in the time domain. If the value of ρ f , f k is larger, it shows that the f k (t) component is more related to the original signal. That is to say, the self-correlation is larger. Thus, the mode with the maximum correlation is selected as the optimal mode of the EEMD, and it is regarded as the analysis sample for fault classification and identification.
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Fault Feature Analysis Based on the Hilbert Transform
Due to the bearing installation error in the actual application, and the rolling element is not purely rolling, the fault characteristic frequency is not always exactly equal to the theoretical value. It is only necessary to find the approximate value of the characteristic frequency in the spectrum. Thus, the Hilbert transform is used to describe the envelope of the amplitude modulation or phase modulation. The results are shown in Figures 6 and 7. Symmetry 2017, 9, 59 7 of 14
Due to the bearing installation error in the actual application, and the rolling element is not purely rolling, the fault characteristic frequency is not always exactly equal to the theoretical value. It is only necessary to find the approximate value of the characteristic frequency in the spectrum. Thus, the Hilbert transform is used to describe the envelope of the amplitude modulation or phase modulation. The results are shown in Figures 6 and 7 . As can be seen from Figures 6 and 7 and Table 3 , the largest amplitude peaks of the fault characteristic frequency of the vibration signal of the inner ring and the outer ring appear at frequencies of 164.06 Hz and 105.47 Hz, respectively. It can be seen that the largest amplitude peak of the fault characteristic frequency of the vibration signal of the inner ring (164.06 Hz) is close to the theoretical value (162.19 Hz), and the largest amplitude peak of the fault characteristic frequency of the vibration signal of the outer ring (105.47 Hz) is close to the theoretical value (107.29 Hz) in the envelope spectrum. The error values for the inner ring and the outer ring are 1.15% and 1.70%, respectively. Thus, they indicate that there is inner ring damage and outer ring damage in the motor bearing.
There are two improved particle swarm optimization (PSO) algorithms, which are the improved PSO (LWSPSO) algorithm by linearly changing of the learning factor and S decreasing function of inertia weight, and the improved PSO (AWAPSO) algorithm by the arctangent change of 
There are two improved particle swarm optimization (PSO) algorithms, which are the improved PSO (LWSPSO) algorithm by linearly changing of the learning factor and S decreasing function of inertia weight, and the improved PSO (AWAPSO) algorithm by the arctangent change of Figure 7 . The envelope spectrum of optimal mode of the outer ring fault signal.
As can be seen from Figures 6 and 7 and Table 3 , the largest amplitude peaks of the fault characteristic frequency of the vibration signal of the inner ring and the outer ring appear at frequencies of 164.06 Hz and 105.47 Hz, respectively. It can be seen that the largest amplitude peak of the fault characteristic frequency of the vibration signal of the inner ring (164.06 Hz) is close to the theoretical value (162.19 Hz), and the largest amplitude peak of the fault characteristic frequency of the vibration signal of the outer ring (105.47 Hz) is close to the theoretical value (107.29 Hz) in the envelope spectrum.
The error values for the inner ring and the outer ring are 1.15% and 1.70%, respectively. Thus, they indicate that there is inner ring damage and outer ring damage in the motor bearing.
There are two improved particle swarm optimization (PSO) algorithms, which are the improved PSO (LWSPSO) algorithm by linearly changing of the learning factor and S decreasing function of inertia weight, and the improved PSO (AWAPSO) algorithm by the arctangent change of the learning factor, S decreasing function of inertia weight, and adaptive mutation strategy. In order to verify the effectiveness of the LWSPSO and AWAPSO algorithms, two improved PSO and PSO algorithms are used to optimize the support vector machine (SVM) here. The best fitness value and the average fitness value by using three algorithms are shown in Figures 1-3 for the given dataset. 
Transmission Analysis of the Vibration Signal
When the bearing fault occurs, two accelerometers are respectively placed at the 12 o'clock position at the drive end and fan end of motor housing to collect vibration signals in order to deeply study the fault signal transmission performance.
Transmission Analysis of the Fault Vibration Signal for the Inner Ring
When the bearing fault occurs in the inner ring, the optimal mode envelope spectra of the vibration signal at the drive end and fan end are shown in Figures 8 and 9 , respectively.
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Transmission Analysis of the Vibration Signal
Transmission Analysis of the Fault Vibration Signal for the Inner Ring
When the bearing fault occurs in the inner ring, the optimal mode envelope spectra of the vibration signal at the drive end and fan end are shown in Figures 8 and 9 , respectively. Figure 9 . The optimal mode envelope spectrum of the inner ring at the fan end. Figure 9 . The optimal mode envelope spectrum of the inner ring at the fan end. As can be seen from Figures 8 and 9 , the largest amplitude peak of the fault characteristic frequency of the vibration signal of the inner ring at the drive end and fan end all appear at 164.06 Hz. The power spectral densities of the bearing inner ring at the drive end and the fan end are 10.9109 W/Hz and 0.8408 W/Hz, respectively. For the second large amplitude peak point, the second large amplitude peaks of the fault characteristic frequency of the vibration signal of the inner ring at the drive end and fan end are 263.67 Hz and 58.59 Hz, respectively. The power spectral densities of the bearing inner ring at the drive end and fan end second large amplitude peak are 2.6905 Hz and 0.4447 Hz, respectively. By comparing and analyzing the obtained results, the second large amplitude peak of the fault characteristic frequency of the vibration signal of the inner ring at the drive end (58.59 Hz) is close to the rotating frequency, and the power spectral density of the bearing inner ring at the drive end is much larger than the power spectral density of the bearing inner ring at the fan end. The compared and analyzed result indicates that the energy of the vibration signal of the bearing inner ring on the fan end is lost during the transmission of the vibration signal from the inner ring to the fan end of motor.
Transmission Analysis of the Fault Vibration Signal for the Outer Ring
When the bearing fault occurs in the outer ring, the optimal mode envelope spectrum of the collected vibration signal for the outer ring at the drive end and fan end are shown in Figures 10-15 , respectively. Since the outer ring fault signal of the motor bearing is stationary, the outer ring fault position for the bearing load zone has direct effects on the vibration response of the motor bearing system. In order to analyze and quantify the effect, the experiments were conducted for the bearing outer ring fault at the 3 o'clock position, the 6 o'clock position (orthogonal to the load zone), and the 12 o'clock position at the drive end and fan end. The optimal mode envelope spectra of the collected vibration signal of the outer ring at the drive end and fan end at the 6 o'clock position are shown in Figures 10 and 11 , respectively. The optimal mode envelope spectra of the vibration signal of the outer ring at the drive end and fan end at the 3 o'clock position are shown in Figures 12 and 13 , respectively. The optimal mode envelope spectra of the collected vibration signal of the outer ring at the drive end and fan end at the 12 o'clock position are shown in Figures 14 and 15, respectively. Symmetry 2017, 9, 59 9 of 14
As can be seen from Figures 8 and 9 , the largest amplitude peak of the fault characteristic frequency of the vibration signal of the inner ring at the drive end and fan end all appear at 164.06 Hz. The power spectral densities of the bearing inner ring at the drive end and the fan end are 10.9109 W/Hz and 0.8408 W/Hz, respectively. For the second large amplitude peak point, the second large amplitude peaks of the fault characteristic frequency of the vibration signal of the inner ring at the drive end and fan end are 263.67 Hz and 58.59 Hz, respectively. The power spectral densities of the bearing inner ring at the drive end and fan end second large amplitude peak are 2.6905 Hz and 0.4447 Hz, respectively. By comparing and analyzing the obtained results, the second large amplitude peak of the fault characteristic frequency of the vibration signal of the inner ring at the drive end (58.59 Hz) is close to the rotating frequency, and the power spectral density of the bearing inner ring at the drive end is much larger than the power spectral density of the bearing inner ring at the fan end. The compared and analyzed result indicates that the energy of the vibration signal of the bearing inner ring on the fan end is lost during the transmission of the vibration signal from the inner ring to the fan end of motor.
When the bearing fault occurs in the outer ring, the optimal mode envelope spectrum of the collected vibration signal for the outer ring at the drive end and fan end are shown in Figures 10-15 , respectively. Since the outer ring fault signal of the motor bearing is stationary, the outer ring fault position for the bearing load zone has direct effects on the vibration response of the motor bearing system. In order to analyze and quantify the effect, the experiments were conducted for the bearing outer ring fault at the 3 o'clock position, the 6 o'clock position (orthogonal to the load zone), and the 12 o'clock position at the drive end and fan end. The optimal mode envelope spectra of the collected vibration signal of the outer ring at the drive end and fan end at the 6 o'clock position are shown in Figures 10 and 11 , respectively. The optimal mode envelope spectra of the vibration signal of the outer ring at the drive end and fan end at the 3 o'clock position are shown in Figures 12 and 13 , respectively. The optimal mode envelope spectra of the collected vibration signal of the outer ring at the drive end and fan end at the 12 o'clock position are shown in Figures 14 and 15 , respectively. As can be seen from Figures 10 and 11 , the largest amplitude peaks of the fault characteristic frequency of the vibration signal of the outer ring at the drive end and fan end all appear at 105.47 As can be seen from Figures 10 and 11 , the largest amplitude peaks of the fault characteristic frequency of the vibration signal of the outer ring at the drive end and fan end all appear at 105.47 Figure 13 . The optimal mode envelope spectrum of the fan end of the outer ring at the 3 o'clock position.
As can be seen from Figures 10 and 11 , the largest amplitude peaks of the fault characteristic frequency of the vibration signal of the outer ring at the drive end and fan end all appear at 105.47 As can be seen from Figures 14 and 15 , the largest amplitude peaks of the fault characteristic frequency of vibration signal of the outer ring at the drive end and fan end all appear at 105.47 Hz at the 12 o'clock position. The power spectral densities of the outer ring at the drive end and fan end As can be seen from Figures 14 and 15 , the largest amplitude peaks of the fault characteristic frequency of vibration signal of the outer ring at the drive end and fan end all appear at 105.47 Hz at the 12 o'clock position. The power spectral densities of the outer ring at the drive end and fan end As can be seen from Figures 14 and 15 , the largest amplitude peaks of the fault characteristic frequency of vibration signal of the outer ring at the drive end and fan end all appear at 105.47 Hz at the 12 o'clock position. The power spectral densities of the outer ring at the drive end and fan end are 0.0948 W/Hz and 0.0423 Hz, respectively. For the second large amplitude point, the second large amplitude peaks of the fault characteristic frequency of the vibration signal of the outer ring at the drive end and fan end are 58.59 Hz and 17.58 Hz, respectively. The power spectral densities of the bearing outer ring at the drive end and fan end are 0.0899 W/Hz and 0.0299 W/Hz, respectively.
As can be seen from Figures 10-15 , for the 6 o'clock position and 12 o'clock position, the largest amplitude peaks of the fault characteristic frequency of the vibration signal of the outer ring at the drive end and fan end all appear at 105.47 Hz. For the 3 o'clock position, the largest amplitude peaks of the fault characteristic frequency of the vibration signal of the outer ring at the drive end and fan end appear at 105.47 Hz and 29.30 Hz, respectively. The largest power spectral density of the outer ring at the drive end is 69.084 W/Hz at the 3 o'clock position, and the largest power spectral density of the outer ring at the fan end is 0.8013 W/Hz at the 6 o'clock position. By comparing and analyzing the obtained results, the power spectral density of the bearing outer ring at the drive end is much larger than the power spectral density of the bearing outer ring at the fan end, and the second large amplitude peaks of the fault characteristic frequency of the vibration signal of the outer ring also changed the expectation for the reduced maximum amplitude peak. Thus, the compared and analyzed results indicate that the energy of the vibration signal of the bearing outer ring at the fan end is lost during the transmission of the vibration signal from the outer ring to the fan end of motor. The effective diagnosis method for motor bearing is to ensure the safety and reliable operation of the motor. In order to improve the fault diagnosis accuracy of the motor bearing, a new fault diagnosis method based on empirical mode decomposition, fuzzy entropy, an improved particle swarm optimization algorithm, and a support vector machine is proposed in this paper. Firstly, the vibration signals of the motor bearing is decomposed by EMD in order to obtain several IMFs. Then, the fuzzy entropy is used to effectively extract the features of the vibration signal, which are regarded as the input vectors of the SVM model. The improved learning factor and inertia weight, and the adaptive mutation strategy are used to improve the PSO algorithm in order to improve the optimization ability of the PSO algorithm, which is used to optimize the parameters of the SVM model for improving the classification accuracy. A new fault diagnosis model for the motor bearing based on combining EMD, fuzzy entropy, an improved PSO algorithm, and the optimized SVM is constructed in this paper.
Conclusions
In order to effectively extract the fault feature from the vibration signal of the motor bearing and study the transmission performance of the fault vibration signal, a fault feature extraction method based on integrating the EEMD, the correlation coefficient method, and the Hilbert transform is proposed. The vibration signals of the bearing inner ring and outer ring at the drive end and fan end at the 3 o'clock position, 6 o'clock position, and 12 o'clock position are selected to test and verify the effectiveness of the proposed fault feature extraction method and study the transmission characteristics. The experiment results show that the proposed fault feature extraction method can effectively eliminate the influence of the mode mixing and extract the fault feature frequency. The found fault characteristic frequency is close to the theoretical fault characteristic frequency. It is an effective method to extract the fault feature of the bearing from the noise with interference. The vibration signals at the drive end and the fan end are analyzed and compared in detail in order to deeply study the transmission characteristics of the fault vibration signal of the bearing inner ring and outer ring. The compared and analyzed results indicate that the energy of the vibration signal of the bearing outer ring at the fan end is lost during the transmission of the vibration signal from the outer ring to the fan end of the motor.
Due to the complexity of the vibration signal of the motor bearing, it requires more effective signal analysis methods to deal with the vibration signal. Thus, the feature extraction method needs to be studied further. The fault diagnosis method will be deeply studied in our future work.
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